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Abstract – In this paper, a sampled-data observer-based decentralized fuzzy control technique is 
proposed for a class of nonlinear large-scale systems, which can be represented to a Takagi-Sugeno 
fuzzy system. The premise variable is assumed to be measurable for the design of the observer-based 
fuzzy controller, and the closed-loop system is obtained. Based on an exact discretized model of the 
closed-loop system, the stability condition is derived for the closed-loop system. Also, the stability 
condition is converted into the linear matrix inequality (LMI) format. Finally, an example is provided 
to verify the effectiveness of the proposed techniques. 
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1. Introduction 
 
Recently, as network-based systems are more increased 

in many engineering applications, such as wireless sensor 
networks, smart spaces and wide-area power systems, 
large-scale sampled-data systems, which well-represent 
characteristics of a network-based system, have attracted 
much attention [1, 2]. First, in the case of the large-scale 
system, due to the interconnection among subsystems, 
various problems are encountered, such as the high 
dimensionality and the structure constraint of the controller. 
To control a large-scale system, the decentralized control 
technique is more suitable than the traditional centralized 
control one. Thus, many decentralized control techniques 
have been proposed [3-7]; the decentralized fuzzy control 
technique [12-15] using a Takagi-Sugeno (T-S) fuzzy 
model has been recognized as one of the predominant 
decentralized control methods.  

Apart from the large-scale system issue, the sampled-
data control system has both a continuous-time plant and a 
discrete-time controller. In the case of linear systems, 
because the exact discretization of the continuous-time 
plant is possible, the sampled-data controller design is not 
difficult. However, in the case of nonlinear systems, the 
exact discretization is not possible, and so, to overcome this 
problem, various nonlinear sampled-data control techniques 
have been proposed, such as the Euler approximation [8, 
9] and the conversion to an input delay controller [10, 
11]. Sampled-data fuzzy control techniques, which are 
combination of the sampled-data control technique and the 

T-S fuzzy model, have also been proposed in many studies 
[16-27] and are categorized into the input delay conversion 
approach and the direct discrete-time design approach. 

First, the input delay conversion approach is to convert a 
sampled-data fuzzy controller into a continuous-time fuzzy 
one with the input time delay. This approach has been used 
in many studies [16-19], with such methods as H∞  control 
[18] and robust control [19]. However, there are few 
studies about observer-based control or decentralized 
control in the input delay conversion approach. The direct 
discrete-time design approach [20-27] is to guarantee 
stability using the discretized model of the continuous-time 
plant. In [20-22], various sampled-data fuzzy control 
techniques using the direct discrete-time design approach 
have been proposed, such as the observer-based output-
feedback scheme [20] and the robust control [21]. However, 
these studies did not address the problem of discretized 
errors. To conquer this problem, the analysis of the stability 
of the discrete-time model considering the discretized error 
and the limitation analysis of stability for the approxi-
mately discretized model have been studied in [23, 24]. In 
[25], by using the exact discretized model, a sampled-data 
fuzzy controller was designed for stabilization of the 
nonlinear system. The methodology of [25] was extended 
to the observer-based output-feedback scheme [26] and the 
guaranteed cost control technique [27], but the sampled-
data decentralized fuzzy control problem has not been 
studied yet. Thus, there still remain sampled-data fuzzy 
control issues for the decentralized and the observer-based 
output-feedback approaches. 

Motivated by the aforementioned analysis, this paper 
presents the sampled-data observer-based decentralized 
fuzzy control technique for a nonlinear large-scale system. 
Using the T-S fuzzy model, the nonlinear large-scale system 
is represented as a fuzzy large-scale system, and the 
observer-based controller is assumed to have the measurable 
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premise variable. Based on the exact discretized model 
and the discrete-time Lyapunov functional, the sufficient 
condition of the stabilization is investigated for closed-loop 
system. Also, the stability condition is converted into linear 
matrix inequality (LMI) formats [32-36]. Finally, by the 
example, the validity of the proposed ideas, techniques, 
and procedures is shown. 

Notation: The subscripts i  and j  denote the fuzzy 
rule indices and the subscripts k and l denote the 
subsystem indices. The notation ( )T

⋅ and ∗  are used for 
the transpose of the argument and the transposed element 
in symmetric positions, respectively. The notation q

l k≠∑  
means 1,

q
l l k= ≠∑ . 

 
 

2. Preliminaries 
 
Consider a T-S fuzzy large-scale system consisting of q  

subsystems. Then, the i th IF-THEN rule of the k th 
subsystem is represented by the following form: 

 

 

1 1: ,

( ) ( ) ( ) ( )

( ) ( ) ( )

p

k k k
i k i k ip

q
k k kl

k i k i k i l
l k

k
k k i k

R IF z is and and z is

x t A x t B u t A x tTHEN
y t y nT C x nT

≠

Γ … Γ

⎧
= + +⎪

⎨
⎪ = =⎩

∑  (1) 

 
where mkz , pm∈I  is the premise variable; kn

kx ∈  is 
the state variable; km

ku ∈  is the control input variable; 
kl

ky ∈  is the sampled-data output variable to be 
determined in the time interval [ , )t nT nT T∈ + , 0k ≥∈ ; 

k
imΓ , ( , , ) r p qi m k ∈ × ×I I I , is a fuzzy set for mkz ; k

iA , 
k
iB  and k

iC  denote nominal system matrices with 
appropriate dimensions for the i th rule of the k th 
subsystem; and kl

iA  is the interconnection matrix between 
the k th and the l th subsystems. 

By applying the center-average defuzzification, product 
inference, and singleton fuzzifier into the fuzzy IF-THEN 
rule (1), the k th subsystem of the nonlinear large-scale 
system can be inferred as follows: 

 

1

( ) ( ( )) ( ) ( ) ( )
qr

k k k kl
k i k i k i k i l

i l k

x t z t A x t B u t A x tμ
= ≠

⎛ ⎞
= + +⎜ ⎟

⎝ ⎠
∑ ∑  

1

( ) ( ) ( ( )) ( )
r

k k
k k i k i k

i

y t y nT z nT C x nTμ
=

= =∑  (2) 

 
where 

 

 
1

( ( )) ( ( )) ( ( ))
r

k k k
i k i k i k

i

z t z t z tμ ω ω
=

= ∑ ,  

 
1

( ( )) ( ( ))
p

k k
i k im m

m

z t z tω
=

= Γ∏  

 
in which ( ( ))

m

k
im kz tΓ  is the fuzzy membership grade of 

mkz  in k
imΓ . 

Assumption 1: The state variable ( )kx t  is not 
measurable, but the premise variable ( )kz t  is measurable 
in the continuous-time sense and the output variable ( )ky t  
is measurable only at sampling instants.  

Depending on Assumption 1, we consider the following 
sampled-data observer-based decentralized fuzzy controller: 

 

( )
1

ˆ ˆ ˆ( ) ( ( )) ( ) ( ) ( ( ) ( ))

ˆ ˆ: ( ) ( ) ( ) ( ) ( )( ( ) ( ))

r
k k k k

k i k i k i k i k k
i

k k k
k k k k

x t z t A x t B u t L y t y t

A t x t B t u t L t y t y t

μ
=

= + + −

= + + −

∑

1

ˆ ˆ ˆ ˆ( ) ( ) ( ( )) ( ) : ( ) ( )
r

k k k
k k i k i k k

i

y t y nT z nT C x nT C nT x nTμ
=

= = =∑

1

ˆ ˆ( ) ( ) ( ( )) ( ) : ( ) ( )
r

k k k
k k i k i k k

i

u t u nT z nT K x nT K nT x nTμ
=

= = =∑  

  (3) 
 

where ˆ ( )kx t  is the state variable by the fuzzy observer, 
respectively; ˆ ( )ky t  is the observer output; and k

iK  and 
k
iL  denote the control and observer gains. 
To represent the closed-loop system with the sampled-

data observer-based decentralized fuzzy controller, we 
suppose the estimation error ˆ( ) : ( ) ( )k k ke t x t x t= − . Then, 
substituting (3) into (2) and the time derivative of ( )ke t , 
the k th sub-closed-loop system can be established as 
follows: 

 

 ( ) ( ) ( ) ( ) ( ) ( ) ( )
q

k k kl
k k k l

l k

t t nT t t A t x tχ χ χ
≠

= Φ +Λ +∑  (4) 

 
where 

 
( )

( )
( )

k
k

k

x t
t

e t
χ

⎡ ⎤
= ⎢ ⎥
⎣ ⎦

, ( ) ( ) ( )k k kt t nTχ χ χ= − , 

( ) ( ) ( ) ( ) ( )
( )

0 ( ) ( ) ( )

k k k k k
k

k k k

A t B t K nT B t K nT
t

A t L t C nT
⎡ ⎤+ −

Φ = ⎢ ⎥+⎣ ⎦
, 

( ) 0
( )

0 ( )

k
k

k

A t
t

A t
⎡ ⎤

Λ = ⎢ ⎥
⎣ ⎦

, 
( )

( )
( )

kl
kl

kl

A t
A t

A t
⎡ ⎤

= ⎢ ⎥
⎣ ⎦

. 

 
From the k th sub-closed-loop system (4), the observer-

based decentralized fuzzy control problem can be stated as 
follows: 

 
Problem 1: Find the fuzzy observer and control gain 

matrices k
iL  and k

iK  stabilizing the whole closed-loop 
large-scale system, which are respectively composed of 
sub-closed-loop systems with the sampled-data observer-
based decentralized fuzzy controller. 

 
 

3. Main Results 
 
Before proceeding to the main results, the following 

lemmas and propositions will be needed throughout the 
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proof: 
 
Lemma 1 [28]: Given any function vector x , matrix 

0TP P= , and 0 , ft t ∈  with 0 ft t< , we have 
 

( ) ( )
0 0 0

0( ) ( ) ( ) ( ) ( )f f f
Tt t t T

ft t t
x d P x d t t x Px dτ τ τ τ τ τ τ≤ −∫ ∫ ∫ . 

 
Lemma 2 [27]: Suppose the nonlinear system such as 

( , )x f t x= , where :[ , ) nf nT nT T+ ×  is piecewise 
continuous in t  and locally Lipschitz in x  and the matrix 

0TP P= , then the following inequality is always 
satisfied 

 
2( ( ) ( )) ( ( ) ( )) ( ) ( )

nT T nT TT T

nT nT
x t x nT P x t x nT dt T x t Px t dt

+ +
− − ≤∫ ∫ . 

 
Lemma 3 [29]: Given any matrices Y  and 0TP P= , 

we have 
 

 1T TY P Y P Y Y−− ≤ − − . 
 
Proposition 1: In the closed-loop system (4), there exists 

some constant 0ρ >  such that 
 

 
1 1

( ) ( )
q q

k k
k k

x t nTρ χ
= =

≤∑ ∑  (5) 

 
for [ , )t nT nT T∈ + . 

Proof: From the closed-loop system (4), we have 
 

 ( ) ( ) ( ) ( ) ( ) ( )k k k
k k kx t A t x t B t K nT x nT= +  

 ( ) ( ) ( ) ( ) ( )
q

k k kl
k l

l k

B t K nT e nT A t x t
≠

− +∑  (6) 

 
Integrating from nT to t, taking the norm and summing 

all subsystems on both sides of equation (6) yields 
 

1

( )
q

k
k

x t
=
∑  

(

)
1 1

( ) ( ) ( ) ( ) ( ) ( )

( ) ( ) ( ) ( ) ( )

q q t k k k
k k knT

k k

q
k k kl

k l
l k

x nT A x B K nT x nT

B K nT e nT A x d

τ τ τ

τ τ τ τ

= =

≠

≤ + +

− +

∑ ∑ ∫

∑

1 1

( ) ( ) ( )
q q t

k k knT
k k

x nT a x b x nTτ
= =

≤ + +∑ ∑∫  (7) 

( ) ( )
q

k l
l k

b e nT c x dτ τ
≠

+ + ∑   

 
where 
 

( , )
sup

q r

k
i

k i
a A

∈Ι ×Ι
= , 

( , , )
sup

q r r

k k
i j

k i j
b B K

∈Ι ×Ι ×Ι
= ,  

( , , )
sup

q w r

kl
i

k l i
c A

∈Ι ×Ι ×Ι
=  

 
and q w×I I  denotes all pairs ( , ) q qk i ∈ ×I I  such that 
k l≠ . 

By 
1 1

( ) ( 1) ( )q q q

l kk l k k
x t q x t

= ≠ =
= −∑ ∑ ∑ , inequality (7) can 

be further developed as follows: 
 

1

( )
q

k
k

x t
=
∑ ( )

1

(1 ) ( ) ( )
q

k k
k

Tb x nT Tb e nT
=

≤ + +∑   

1

( ( 1) ) ( )
qt

knT
k

a q c x dτ τ
=

+ + − ∑∫  

2 2

1

1

(1 ) ( ) ( )

( ( 1) ) ( )

q

k
k

qt

knT
k

Tb Tb nT

a q c x d

χ

τ τ

=

=

≤ + +

+ + −

∑

∑∫
. 

 
Then, an application of the Gronwall-Bellman inequality 

to 
1

( )q

kk
x t

=∑  results in 
 

1

( )
q

k
k

x t
=
∑  

2 2

1

(1 ) ( ) exp(( ( 1) ) ) ( )
q

k
k

Tb Tb a q c T nTχ
=

≤ + + + − ∑ . 

1

( )
q

k
k

nTρ χ
=

= ∑ .   ▄  

 
Remark 1: Proposition 1 shows the relation between 

1
( )q

kk
x t

=∑  and 
1

( )q

kk
x nT

=∑  for the closed-loop 
system (4). By Proposition 1, we know that each state 
variable ( )kx t  converges to the origin when the whole 

( )kx nT  converges to the origin. 
The sufficient condition for stability of the closed-loop 

system (4) is summarized as the following proposition: 
 
Proposition 2: If there exist some symmetric and 

positive definite matrices 1
kP , 2

kP , 3
kP  and some matrices 

k
iK , k

iL  such that the following inequality is satisfied, 
then the whole closed-loop system which is composed of 
sub-closed-loop systems (4) is asymptotically stable. 

 
1

1 3

3 2 3

3
1 1

1
2 2 1

2

00 0
( ) ( ) ( ) ( )
( ) ( ) ( ) 0 ( )

k k

k k k

k

k k kl k

k k kl k

T P P
P P P

P
t t A t T P
t t A t T P

ω

ω ω ω
ω ω ω

−

− −

− −

⎡ ⎤− + ∗ ∗ ∗ ∗
⎢ ⎥− + ∗ ∗ ∗⎢ ⎥

− ∗ ∗⎢ ⎥
⎢ ⎥Ψ Λ − ∗⎢ ⎥

Ψ Λ −⎢ ⎥⎣ ⎦

≺

 ( , ) q wk l ∈ ×I I  (8) 
 

where, 3 3{ ,0}k kP diag P= , 1( ) ( )k kt T I t−Ψ = +Φ , 1( 1)qω −= −  
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for [ , )t nT nT T∈ + . 
Proof: By integrating the closed-loop system (4) from 

nT  to nT T+ , we have the exact discretized model as 
follows: 

 
( )k nT Tχ +  

( ) ( ) ( ) ( ) ( ) ( ) ( )
qnT T k k kl

k k k lnT
l k

nT t nT t t A t x t dtχ χ χ
+

≠

⎛ ⎞
= + Φ +Λ +⎜ ⎟

⎝ ⎠
∑∫  

   (9) 
 
Based on the discretized model (9), we consider the 

discrete-time Lyapunov function candidate as follows: 
 

 1
1 1

( ( )) ( ) ( )
q q

T k
k k k k

k k

V V nT nT P nTχ χ χ
= =

= =∑ ∑ . 

 
where 1 1( ) 0k k TP P= , then the first forward difference of 
V  can be defined by 
 

( )1 1
1

( ) ( ) ( ) ( )
q

T k T k
k k k k

k

V nT T P nT T nT P nTχ χ χ χ
=

Δ = + + −∑ .  

  (10) 
 
Substituting (9) into (10) yields 
 

VΔ ((
1

( ) ( ) ( ) ( ) ( )
q nT T k k

k k knT
k

nT t nT t tχ χ χ
+

=

= + Φ +Λ∑ ∫  

) 1( ) ( )
Tq

kl k
l

l k

A t x t dt P
≠

⎞
+ ⎟

⎠
∑

 

) 1
1

( ) ( ) ( ) ( ) ( )

( ) ( ) ( ) ( )

nT T k k
k k knT

q q
kl T k

l k k
l k k

nT t nT t t

A t x t dt nT P nT

χ χ χ

χ χ

+

≠ =

⎛ ⎛× + Φ + Λ⎜⎜
⎝⎝

⎞
+ −⎟

⎠

∫

∑ ∑
 

1

( ) ( ) ( ) ( ) ( ) ( )
T

q qnT T k k kl
k k lnT

k l k

t nT t t A t x t dtχ χ
+

= ≠

⎛ ⎞⎛ ⎞
= Ψ +Λ +⎜ ⎟⎜ ⎟

⎝ ⎠⎝ ⎠
∑ ∑∫

1 ( ) ( ) ( ) ( ) ( ) ( )
qnT Tk k k kl

k k lnT
l k

P t nT t t A t x t dtχ χ
+

≠

⎛ ⎞⎛ ⎞
× Ψ +Λ +⎜ ⎟⎜ ⎟

⎝ ⎠⎝ ⎠
∑∫  

1
1

( ) ( )
q

T k
k k

k

nT P nTχ χ
=

−∑ .   (11) 

 
By applying Lemma 1 and 2, equation (11) becomes 
 

1

( ) ( ) ( ) ( ) ( ) ( )
Tq qnT T k k kl

k k lnT
k l k

V t nT t t A t x tχ χ
+

= ≠

⎛ ⎞
Δ = Ψ +Λ +⎜ ⎟

⎝ ⎠
∑ ∑∫  

1 ( ) ( ) ( ) ( ) ( ) ( )
q

k k k kl
k k l

l k

TP t nT t t A t x t dtχ χ
≠

⎛ ⎞
× Ψ +Λ +⎜ ⎟

⎝ ⎠
∑  

1
1

( ) ( )
q

T k
k k

k

nT P nTχ χ
=

−∑  

1

( ) ( ) ( ) ( ) ( ) ( )
Tq q qnT T k k kl

k k lnT
k l k l k

t nT t t A t x tχ χ
+

= ≠ ≠

⎛ ⎞
+ Ψ +Λ +⎜ ⎟

⎝ ⎠
∑∑ ∑∫  

2
2 ( ) ( ) ( ) ( ) ( ) ( )

q
k k k kl

k k l
l k

T P t nT t t A t x t dtχ χ
≠

⎛ ⎞
× Ψ +Λ +⎜ ⎟

⎝ ⎠
∑

     2
1

( ) ( )
q q nT T T k

k knT
k l k

t P t dtχ χ
+

= ≠

−∑∑∫   (12) 

 
where 2 2( ) 0k k TP P= . 

For the positive definite matrices 1
kP  and 3

kP , the 
followings are satisfied 

 

1
1

( ) ( ) ( ) ( )
Tq q q

kl k kl
l l

k l k l k

A t x t P A t x t
= ≠ ≠

⎛ ⎞ ⎛ ⎞
⎜ ⎟ ⎜ ⎟
⎝ ⎠ ⎝ ⎠

∑ ∑ ∑   

( ) 1
1

( 1) ( ) ( ) ( ) ( )
q q T

kl k kl
l l

k l k

q A t x t P A t x t
= ≠

≤ − ∑∑ .  (13) 

3 3
1 1

( ) ( ) ( ) ( )
q q q qnT T nT TT k T l

k k l lnT nT
k l k k l k

x t P x t dt x t P x t dt
+ +

= ≠ = ≠

=∑∑ ∑∑∫ ∫  (14) 

 
By applying (13) and (14) to (12), we have 
 

( )
1

( ) ( ) ( ) ( ) ( ) ( )
q q TnT T k k kl

k k lnT
k l k

V t nT t t A t x tω χ ω χ
+

= ≠

Δ ≤ Ψ + Λ +∑∑∫

( )1
1 ( ) ( ) ( ) ( ) ( ) ( )k k k kl

k k lT P t nT t t A t x t dtω ω χ ω χ−× Ψ + Λ +  

1
1

1

( ) ( )
q q nT T T k

k knT
k l k

T nT P nT dtωχ χ
+ −

= ≠

−∑∑∫  

( )
1

( ) ( ) ( ) ( ) ( ) ( )
q q TnT T k k kl

k k lnT
k l k

t nT t t A t x tω χ ω χ
+

= ≠

+ Ψ + Λ +∑∑∫  

( )2 2
2 ( ) ( ) ( ) ( ) ( ) ( )k k k kl

k k lT P t nT t t A t x t dtω ω χ ω χ−× Ψ + Λ +  

2
1

( ) ( )
q q nT T T k

k knT
k l k

t P t dtχ χ
+

= ≠

−∑∑∫  

( ) ( )3
1

( ) ( ) ( ) ( )
q q nT T T k

k k k knT
k l k

nT t P nT t dtχ χ χ χ
+

= ≠

+ + +∑∑∫  

3
1

( ) ( )
q q nT T T l

l lnT
k l k

x t P x t dt
+

= ≠

−∑∑∫  

1

( ) ( )
( ) ( )
( ) ( )

T

k kq q nT T kl
k knT

k l k
l l

nT nT
t t dt

x t x t

χ χ
χ χ

+

= ≠

⎡ ⎤ ⎡ ⎤
⎢ ⎥ ⎢ ⎥= ⎢ ⎥ ⎢ ⎥
⎢ ⎥ ⎢ ⎥⎣ ⎦ ⎣ ⎦

∑∑∫ P  

1

( )
( ) ( ) ( ) ( )
( )

T

kq q TnT T k k kl
knT

k l k
l

nT
t t t A t

x t

χ
χ ω ω

+

= ≠

⎡ ⎤
⎢ ⎥ ⎡ ⎤+ Ψ Λ⎣ ⎦⎢ ⎥
⎢ ⎥⎣ ⎦

∑∑∫  

1 2 2
1 2

( )
( ) ( ) ( ) ( ) ( )

( )

k
k k k k kl

k

l

nT
T P T P t t A t t dt

x t

χ
ω ω ω ω χ− −

⎡ ⎤
⎢ ⎥⎡ ⎤× + Ψ Λ⎣ ⎦⎢ ⎥
⎢ ⎥⎣ ⎦

 (15) 

 
where 
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1
1 3

3 2 3

30 0

k k

kl k k k

l

T P P
P P P

P

ω−⎡ ⎤− + ∗ ∗
⎢ ⎥

= − + ∗⎢ ⎥
⎢ ⎥−⎣ ⎦

P . 

 
Thus, from inequality (15), if the following inequality is 

satisfied 
 

( ) ( ) ( )
Tkl k k klt t A tω ω⎡ ⎤+ Ψ Λ⎣ ⎦P  

 1 2 2
1 2( ) ( ) ( ) ( ) 0k k k k klT P T P t t A tω ω ω ω− − ⎡ ⎤× + Ψ Λ⎣ ⎦ ≺  (16) 

 
then the VΔ  is less than 0 . 

By using the Schur complement in (16), we can obtain 
inequality (8). Thus, if inequality (8) is satisfied, the 
equilibrium point ( ) 0kx nT =  of all discretized sub-
closed-loop systems (9) is asymptotically stable. Also, by 
Proposition 1, the equilibrium point ( ) 0kx t =  of all sub-
closed-loop systems (4) is also asymptotically stable.  ▄ 

 
By Proposition 2, we have the stabilization condition of 

the nonlinear large-scale system (2) with the sampled-data 
observer-based decentralized fuzzy controller. However, it 
is difficult to directly solve inequality (8) and obtain the 
gain matrices k

iK  and k
iL . Thus, to convert into LMI 

format, which is easily solved by a convex optimization 
toolbox, we respectively define the matrices 1

kP  and 2
kP  

without the loss of generality as follows: 
 

 1 11 12{ , }k k kP diag P P=  (17) 
 2 21 12{ , }k k k

kP diag P Pα= . (18) 
 

where 0kα >  is a given constant scalar. 
Based on the newly defined matrices 1

kP , 2
kP  and 

Proposition 2, we summarize the LMI condition satisfying 
inequality (8). 

 
Theorem 1: If there exist some symmetric and positive 

matrices 1
kQ , 2

kQ , 3
kQ , 12

kP , some symmetric matrices 1
kR , 

2
kR , 3

kR , and some matrices k
iM , k

iN , such that the 
following LMIs are satisfied, then inequality (8) is also 
satisfied and the whole closed-loop system (4) is 
asymptotically stable. 

 
0kl

ij ≺X  ( , , , ) q w r rk l i j ∈ × × ×I I I I   (19) 

2

0
k

ij
k k
i

Y
J J
⎡ ⎤∗
⎢ ⎥
⎣ ⎦

≺ ( , , ) q r rk i j ∈ × ×I I I   (20) 

 
where 

 
1

2

3 30

kl

kl kl k
ij ij

k k

G
X G
G Q

⎡ ⎤∗ ∗
⎢ ⎥= ∗⎢ ⎥
⎢ ⎥−⎣ ⎦

X , 

1
1 1 1 2 1 3{ , , , , }k k k k k l

kG diag T Q Q Q R Qω β−= − − − − − , 
1 2 2

2 1 2 2 3{ , , , }k k k k kG diag T Q R T Q Rω ω− −= − − − − , 

3 1 20 0 0k k kG Q Q⎡ ⎤= ⎣ ⎦ , 
1

1 2 3

1 3

2 3

1 3

( ) 0
0 0 0

0
0 0 0

k k k k k k kl l
ij i j i i

k k kl l
k i i
ij k k k k k kl l

ij i j i i
k k kl l
i i

T Q B M A Q A Q
A R A QX

B M A Q A Q
A R A Q

ω ω ω
ω

ω ω ω
ω

−⎡ ⎤+Ω −
⎢ ⎥
⎢ ⎥=
⎢ ⎥Ω −
⎢ ⎥
⎢ ⎥⎣ ⎦

, 

1
k k k k k
ij i i jA Q B MΩ = + , 

1
12

12
1 1

12 12 12
2 2

12 12

0
( ) 0

( ) 0 0

k

k
kk

k k k k k kij
i i j

k k k k k
i i j

T P
P

Y T P P A N C T P
P A N C T P

ω
α

ω ω
ω ω

−

− −

−

⎡ ⎤− ∗ ∗ ∗
⎢ ⎥− ∗ ∗⎢ ⎥=

+ − − ∗⎢ ⎥
⎢ ⎥− −⎣ ⎦

, 

2 1 12 2 12{ , , , }
k k

k k kJ diag I I P Pγ γ= , 
1

2 1 1 2 1 3 2{ , , 2 , 2 }
k k

k k k k k
kJ diag Q R R I R Iβ γ γ−= − − − −  

 
and 0kα > , 0kβ > , 1

0kγ >  and 2
0kγ >  are given 

constant scalars.  
Proof: By substituting (17) and (18) into inequality (8), 

we obtain 
 

 11

21 22

0
( )

kl

kl k

H
H t H
⎡ ⎤∗
⎢ ⎥
⎣ ⎦

≺   (21) 

 
where 

 
1

11 3
1

12

11 3 21 3

12

3

0
0

0 0 0
0 0 0 0

k k

k

kl k k k

k
k

l

T P P
T P

H P P P
P

P

ω
ω

α

−

−

⎡ ⎤− + ∗ ∗ ∗ ∗
⎢ ⎥− ∗ ∗ ∗⎢ ⎥

= − + ∗ ∗⎢ ⎥
⎢ ⎥− ∗
⎢ ⎥−⎣ ⎦

, 

21

1
1

1
2

1

2

( )

( ( )) ( ) ( ) ( ) 0 ( )
0 ( ( )) 0 ( ) ( )

( ) ( ) ( ) ( ) 0 ( )
0 ( ) 0 ( ) ( )

kl

k k k k kl

k k kl

k k k k kl

k k kl

H t

T I t B t K nT A t A t
T I t A t A t

t B t K nT A t A t
t A t A t

ω ω ω
ω ω

ω ω ω
ω ω

−

−

⎡ ⎤+ϒ −
⎢ ⎥+ϒ⎢ ⎥=

ϒ −⎢ ⎥
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, 

1 1 1 1
22 11 12

2 2 1 2 2 1
21 12

{ ( ) , ( ) ,

( ) , ( ) }

k k k

k k
k

H diag T P T P

T P T P ,

ω ω

ω α ω

− − − −

− − − −

= − −

− −
 

1 ( ) ( ) ( ) ( )k k k kt A t B t K nTϒ = + , 2 ( ) ( ) ( ) ( )k k k kt A t L t C nTϒ = − . 
 
If there exist symmetric matrices 1

1( )kR − , 2
kR  and 3

kR  
such that the following inequality is satisfied: 

 
1

12

12
1 1 1

2 12
2 2 1

2 12

0
( ( )) 0 ( )
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k
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T P
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1

1

2
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0 ( )
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k

k

P
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R
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β
−

⎡ ⎤− ∗ ∗ ∗
⎢ ⎥− ∗ ∗⎢ ⎥

− ∗⎢ ⎥
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≺   (22) 

 
Then, inequality (21) is majorized by 
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21 22

ˆ
0

ˆ ˆ( )

kl
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H

H t H
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where 
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, 

1 1 2 2 1
22 11 2 21 3

ˆ { ( ) , , ( ) , }k k k k kH diag T P R T P Rω ω− − − −= − − − − . 
 
By using the congruence transformation with {diag  

1 1 1 1 1
11 11 21 1 3( ) ,( ) ,( ) ,( ) ,( ) , , , , }k k k k kP P P R R I I I I− − − − − , applying the 

Schur complement and denoting 1
11 1( )k kP Q− = , 1

21 2( )k kP Q− = , 
1

3 3( )k kP Q− = , 1
11( )k k k

i iK P M− = , inequality (23) can be 
represented as 

 

 
1 1

( ( )) ( ( )) 0
r r

k k kl
i k j k ij

i j

z t z nTμ μ
= =
∑∑ ≺X . 

 
Also, by using the Schur complement, applying Lemma 

3 and denoting 12
k k k

i iP L N= , inequality (22) can be 
converted into LMI (20). Thus, if LMIs (19) and (20) are 
satisfied, inequality (8) of Proposition 2 is also satisfied, 
and the whole closed-loop system (4) is asymptotically 
stable.  ▄ 

 
Remark 2: In Theorems 1, we assume that the 

parameters kα , kβ , 1k
γ  and 2k

γ  are given in advance. 
However, when these parameters are unknown, the 
parameter value must first be determined. In this case, the 
iterative LMI (ILMI), which is minutely described in [12], 
has to be used. 

 
 

4. An illustrative example 
 
In this section, an example is given to validate the 

proposed sampled-data observer-based decentralized fuzzy 
control method. Suppose the double Chua's circuit system 
[30, 31] connected by a resistor as follows: 

 

1 2 1 1 1 1 1

1

1 1 1( ) ( ( ) ( )) ( ( )) ( ( ) ( )) ( )k k k k k l k k
k k a

v t v t v t f v t v t v t u t
C R R

⎛ ⎞
= − − + − +⎜ ⎟

⎝ ⎠
 

2 1 2 1 2

1

1 1( ) ( ( ) ( )) ( ) ( )k k k k k k
k k

v t v t v t i t u t
C R

σ
⎛ ⎞

= − − +⎜ ⎟
⎝ ⎠

 

( )2 2 3 1

1( ) ( ) ( ) , ( ) ( ) ( )k k k k k k k
k

i t v t u t y t y nT v nT
L

σ= − + = = ,  

 
where 2{( , ) | }k l k l∈ ≠I ; 1

( )kv t , 2
( )kv t  and ( )ki t  are 

state variables of the k th Chua's circuit; kR  is a resistor 
with 1 100R m= Ω  and 2 125R m= Ω ; 1kC  and 2kC  are 
capacitors with 1

1kC F=  and 2
10kC F= ; kL  is an 

inductor with 1 70L mH=  and 2 75L mH= ; 1kσ  and 2kσ  
are input coefficients with 11

10σ = , 21 10σ = , 12σ  0.07=  
and 22 0.075σ = ; 3aR = Ω  is an interconnected resistor 
between circuits; and ( )

1 1
( ( )) ( )k k b k kf v t g R v t=  

( )( )1 1
( ) 2 | ( ) 1| | ( ) 1|a b k k kg g R v t v t+ − + − −  is a Chua's 

diode with 1.27ag = −  and 0.68bg = − . 
By choosing 

1 2
( ) [ ( ) ( ) ( )]T

k k k kx t v t v t i t=  and ( )ku t  
1 2 3

[ ( ) ( ) ( )]T
k k ku t u t u t= , the T-S fuzzy system of the k th 

subsystem can be constructed as follows: 
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k
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1 12 1( ( )) 1 ( ( ))k k
k kx t x tμ μ= −  

 
with the parameters 11

10λ = , 21 14.2857λ = , 12 8λ = , 
22 13.3333λ = , 1 23 3 0.3333λ λ= =  and 1.8d =  for 
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2 2 2( , , )i k l ∈ × ×I I I  with k l≠ . In this simulation model, 
the premise variable 1

( )kx t  can be directly obtained by the 
output variable. 

 

1
1

10.9105 9.0469 0.0099
2.6431 12.9171 0.8660

1.5916 12.7990 18.1612
K

− −⎡ ⎤
⎢ ⎥= − − −
⎢ ⎥

−⎣ ⎦
, 

1
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K

− −⎡ ⎤
⎢ ⎥= − − −
⎢ ⎥

−⎣ ⎦
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2
1
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− −⎡ ⎤
⎢ ⎥= − − −
⎢ ⎥

−⎣ ⎦
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2
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− −⎡ ⎤
⎢ ⎥= − − −
⎢ ⎥

−⎣ ⎦
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⎡ ⎤
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2
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L
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, 2
2

32.0354
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L

⎡ ⎤
⎢ ⎥=
⎢ ⎥
−⎣ ⎦

. 

 
Based on the above control and observer gains, we 

obtain the closed-loop large-scale systems and present the 
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Fig. 1. The time response of large-scale system: subsystem

1 (solid) and subsystem 2 (dash-dotted). 
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Fig. 2. The time response of subsystem 1 for 0.02T = s:

11
( )x t (solid), 

21 ( )x t  (dotted) and 
31 ( )x t  (dashed).
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Fig. 3. The time response of subsystem 2 for 0.02T = s:

12 ( )x t (solid), 
22 ( )x t  (dotted) and 

32 ( )x t (dashed).
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Fig. 4. The estimated error of subsystem 1 for 0.02T = s:

11
( )e t  (solid), 

21 ( )e t  (dotted) and 
31 ( )e t  (dashed).
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Fig. 5. The estimated error of subsystem 2 for 0.02T = s:

12 ( )e t (solid), 
22 ( )e t  (dotted) and 

32 ( )e t (dashed).
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time responses of the state variables and estimated errors 
for each subsystem. The time responses are shown in Figs. 
1, 2, 3, 4 and 5. As shown in the figures, all state variables 
and errors are converted to 0, and it means that the 
obtained gains are suitable to stabilize the double Chua’s 
circuit system. Thus, we know that the proposed sampled-
data observer-based decentralized fuzzy control technique 
is suitable for a nonlinear large-scale system.  

 
 

5. Conclusions 
 
This paper has established a sampled-data observer-

based decentralized fuzzy controller for nonlinear large-
scale systems. Based on the T-S fuzzy system, the closed-
loop systems have been represented. The sufficient 
condition has been derived for the stability of the closed-
loop system by using the exact discretized model and the 
discrete-time Lyapunov functional and was formulated in 
the LMI formats. Finally, the numerical example was 
provided to demonstrate the effectiveness of the proposed 
techniques. 
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